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$f_{0},$ $f1,$ $f2$ , $\alpha_{0},$ $\alpha_{1},$ $\alpha_{2}$ $\alpha_{0}+\alpha_{1}+\alpha_{2}=1$
, $’=d/dx$ . $f\mathrm{o}+f1+f_{2}=x$ , $f1,$ $f_{2}$
$y=$ 2
$y”= \frac{1}{2y}(y)\prime 2\frac{3}{2}y^{3}2ty^{2}+-+(\frac{t^{2}}{2}+\alpha 1-\alpha 2)y-\frac{\alpha_{0}^{2}}{2y}$ , (2)
. $x,$ $y$ , $P_{IV}$ .
B\"acklund So, $s_{1},$ $s_{2},$ $\pi$ .
$s_{i}(\alpha_{i})=-\alpha i$ , $s_{i}(\alpha_{j})=\alpha_{j}+\alpha_{i}(j=i\pm 1)$ , $\pi(\alpha_{j})=\alpha_{j}+1$ ,
$s_{i}(fi)=f_{i}$ , $s_{i}(f_{j}),$ $=f_{j} \pm\frac{\alpha_{i}}{f_{i}}(j=i\pm 1)$ , $\pi(f_{j})=f_{j+}1$ . (3)
, $\mathrm{Z}/3\mathrm{Z}$ . ,
.
$s_{i}^{2}=1$ , $(SiSi\pm 1)^{3}=1$ , $\pi^{3}=1$ , $\pi s_{j}=s_{j}+1\pi$ . (4)
$A_{2}^{(1)}$ ,
, $A_{2n}^{(1)}$ , .
$f_{j}’=( \sum_{1\leq r\leq n}f_{j}+2r-1-\sum_{n1\leq r\leq}f_{j+2}r)+\alpha_{j}$ . (5)
, Lax , – .
, $A_{2}^{(1)}$ .
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$z \frac{\partial}{\partial z}\psi=M\psi$ , (6)
$\frac{\partial}{\partial x}\psi=B\psi$ , (7)
$s_{i}\psi=(_{J}^{}.i\psi\wedge.$ (.8)
, $M,$ $B,$ $G_{i}$ , .
$M=+z$ , (9)
$B=+z$ (1 ), (10)
$G_{i}=1- \frac{\alpha_{i}}{f_{i}}E_{i}$ , (11)
, $v_{1}+v_{2}+v_{3}=0,$ $\alpha 1=v1-v2,$ $\alpha 2=V_{2}-v_{3},$ $\alpha_{0}=1+v_{3}-v_{1},$ $g_{i}=fi^{-\frac{x}{3}}$ . ,
$E_{1}=(1$ ), $E_{2}=($ 1 $)$ , $E_{0}= \frac{1}{z}($ $1)$ . (12)
, (6-8) , .
(6), (7) , (1) . (6) , ,
, (7) monodromy
. (6) (8) , (3) .
, (7) (8) , , (3) (1) B\"acklund .
, (8) 3 $s_{i}$ affine Weyl (4) .
, Lax (6-8) , Painlev\’e $P_{IV}$ B\"acklund
.
1 (8) 1 $\alpha_{i}$ , Demazure , (6), (7)
. , Painlev\’e , B\"acldund .
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, 2 – .
, hierarchy .
.
– , Lax (7) –
, – .
$\frac{\partial}{\partial x_{k}}\psi=B_{k}\psi$ . (13)
$x_{k}$ , $(k\in I)$ , $B_{k}$
, Lax ,
. , Drinfeld-Sokolov hierarchy ,
affine Weyl . , Drinfeld-Sokolov hierarchy
, $A_{2}^{(1)}$ , . ,
$B_{1}=$ ,
$(q_{1}+q_{2}+q_{3}=0)$ , $B_{k}(k=1,2,4,5,7,8, \cdots)$
$B_{k}=+z+\cdots$ , (14)
. $z$ $q_{1},$ $q_{2},$ $qs$ $x_{1}$ , $\deg(z)=3$ ,
$\deg(\partial_{x}mq_{i}1)=m+1$ , (i, $k+i-j$ . $z$
$B_{3n+1}=\cdots+Zn+1$ (1 ), $B_{3n+2}=\cdots+Zn+1(*1$ 1 $)$ , (15)
$B_{k}$ – .
(7) Drinfeld-Sokolov hierarchy , (6) , similarity
. similarity reduction , KP
, Orlov . (
, . ) , $B_{k}$ – $M$
.
$M= \sum_{k\in I}d_{k^{X_{k}B_{k}\mathrm{t}}}+\mathrm{c}\mathrm{o}\mathrm{n}\mathrm{s}$ (16)
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$d_{k}$ $x_{k}$ degre , affine Lie exponent . Cartan
. , Painlev\’e .
Drinfeld-Sokolov hierarchy , $M$ ,
monodromy . (Drinfeld-Sokolov hierarchy
, $B_{k}$ $M$ affine Lie .
$)$ hierarchy , .
4Affine Weyl
– , affine Weyl ?
, (7),(8) (9) ? . (7),(8)
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$G=N_{-}B_{+}$ $G$ $N_{-}$ Borel $B_{+}$ .
, affine Lie ( loop ) , , loop $G=sL(3, \mathrm{C}[Z, Z^{-1}])$
, $B_{+}$ , (14) , $N_{-}$ .
$+ \frac{1}{z}+\cdots$ . (17)
( - ,
. )
$Z\in B_{+}$ $g\in G$ , $Zg$
$Zg=G^{-1}Z,gZ\mathit{9}$
’




$G(Z, gh)=G(Z_{g}, h)G(z, g)$ , (20)
. $G$- $B_{+}$ $V$ . $\psi(Z)\in V$ $G$
$\rho$
$\rho(g)\psi(z)=G(z_{g},)\psi(Z)\mathit{9}$ . (21)
$g\in W\subset G$ , Weyl $W$ . ,
. , Lax .
$X=W^{-1}Z$ $Z\in G$ . $G$ $W^{-1}$
. , , $gW^{-1}Z=W-1(WgW^{-1})z$
, $V$ - $G$
$\sigma(g)\psi(z)=(WgW^{-}1)_{+}\psi(Z)$ , (22)
. $\mathrm{K}\mathrm{P}$ , $g$ Abelian subal-
gebra $\mathrm{a}=\oplus_{\mathrm{k}}\mathrm{C}H_{k}$ $g=\exp(\Sigma_{k}t_{kk}H)$ ,
. $W$ wave operator . Drinfeld-Sokolov hierarchy a
principal Cartan subalgebra .
5.
Loop $GL(2, \mathrm{C}[Z, Z^{-1}])$ ( $SL$ ). Borel $B_{+}$
.
$B_{+}=$ $\{(a(Z)c(z) d(z)b(Z))|a(x), b(_{Z),(z)}d\in \mathrm{C}[_{Z]}, c(z)\in z\mathrm{C}[Z]\}$. (23)
, $a(z)$ $z^{n}$ $a_{n}$ ( $b,$ $c,$ $d$ ). 2 reflection
$r_{1}=$ , $r_{0}=($
$z$
$1/z$ ), $(_{\backslash }24)$
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, affine Weyl $W(A_{1}^{(1)})$ $si=\rho(r_{i})$ , $z$
$a_{n},$ $b_{n’ n}c,$ $d_{n}$
$\mathrm{C}^{2}$- $\psi$ , .
$s_{1}\psi$ ( $z,$ an’ $bn’ Cn’ dn$ )
$=\psi$ ( $n’$ an’ $dn- \frac{d}{b}\mathrm{n}b_{n},$$c -^ d}b\mathrm{p}00a_{n}$ ),
(25)
$S_{0}\psi$ ( $z,$ an’ $bn’ Cn’ dn$ )
/1 $\underline{a}_{\mathrm{L}}\backslash$








$v+t_{1}u+3t_{3}(- \frac{1}{2}\mathrm{t}\iota^{3}+\frac{1}{4}u^{;})\prime 5+t_{5}(\frac{3}{8}u-5\frac{5}{8}uu^{\prime 2}-\frac{5}{8}uu+\frac{1}{16}2/\prime u’)l’;=0$ , (29)
. , $A_{1}^{(1)}$ hierarchy , $\mathrm{C}\mathrm{l}\mathrm{a}\mathrm{r}\mathrm{k}_{\mathrm{S}}\mathrm{o}\mathrm{n}-\mathrm{J}\mathrm{o}\mathrm{S}\mathrm{h}\mathrm{i}$ -Pickering
. ( , , , 2 Garnie $P_{II}$
, . ).
, .
: $v=n\in \mathrm{Z}_{\geq 1}$ , (29) 2-reduced Schur $s_{\lambda}(t)$
.
$u=( \log\frac{\tau_{n-1}}{\tau_{n}})’$ , $\tau n=s(n,n-1,\ldots,2,1)(t1, t3, t_{5})$ . (30)
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